Observe that the elements of ftxUf^ have infinite order, while those of ft 2 Uft 3 have finite order.
We will prove that whenever A e ft and B e ft do not both have a fixed point on L, then the group (A,B') is the discrete free product (A)*(B'), where B' denotes the transpose of B. The case where both A and B have a fixed point on L is also discussed. We show in addition that if A eft and Beft are real, then (A,B') is the discrete free product (A)*(B') if and only if for every real u,
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The significance of these results is discussed in §3. In particular, we show there that the latter result implies that the free products in [2, Theorem 1] are all discrete. We thereby fill a gap in [2, §4] , wherein the discreteness was proved only in a special case.
Discrete free products of two cyclic matrix groups have been extensively studied, along different lines. For example, Purzitsky [5] has given necessary and sufficient conditions for any group (A, B) generated by real linear fractional transformations A and B of determinant 1 to be the discrete free product (A)* (B) . (See also [6] .) 2. Definitions and notation. Let P denote the set of matrices a b of determinant a b ± 1 such that either a, b ^ 0 ^ c, d or a, b < 0 < c, d. We reserve the notation M = c a for a matrix (or transformation) in ft n P. In fact, the symbol M can be used to denote an arbitrary real matrix in ft, in view of Lemma Given 1/<=C*, let cl U denote the closure of U in C* and let ccl U denote the complement of the closure of U in C*.
3. Main results. We now present the main theorems. The proofs are postponed until §6. (ii) M = W b , or both tr M = 0 and detM= 1;
Proof. We show that (i) ^ (ii) ^ (iii) (note that e ft with a, b > 0, and c, d sO.)
is obvious). 
It is readily seen that (1) 
